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In this paper, we study the topology of the moduli spaces of Riemannian metrics of positive 
Ricci curvature on certain homotopy spheres of dimension 4𝑘𝑘 − 1. 
 
In the 1950s, Milnor constructed some of the first examples of exotic spheres using a 
bilinear pairing 

𝛽𝛽: 𝜋𝜋4𝑚𝑚−1(𝑆𝑆𝑂𝑂4𝑛𝑛−1) ⊗𝜋𝜋4𝑛𝑛−1(𝑆𝑆𝑂𝑂4𝑚𝑚−1) → 𝛤𝛤4𝑚𝑚+4𝑛𝑛−1.  
 

into the group of (4𝑚𝑚 + 4𝑛𝑛 − 1)-dimensional twisted spheres 𝛤𝛤4𝑚𝑚+4𝑛𝑛−1. 
We show, following Wraith and Reiser,  that the spheres in the image group 
𝑖𝑖𝑖𝑖 𝛽𝛽 ⊂  Г4𝑚𝑚+4𝑛𝑛−1, 1 ≤ 𝑚𝑚 ≤ 𝑛𝑛 < 2𝑚𝑚, can be endowed with a metric of positive Ricci 
curvature.The aim of this paper is to show that the moduli spaces of Riemannian metrics of 
positive Ricci curvature of the homotopy spheres obtained using the bilinear pairing β have 
infinitely many path-components. 
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